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where the first product runs over a 1 , ... , ak and the second over /3 1 , .. , It is our object in this paper to generalise this theorem to functions of the type F(s) = L F 0 (s) where the sum is a finite one and is over terms F 0 (s) with varying P(s); k, l; a 1 , ... , ak, {3 1 , ... , {3 1 .
We prove THEOREM 2. REMARK 2. Our proof of theorem 2 allows as to consider terms F 0 (s) (of the sum F( s)) with ( ( s + a) being replaced by (any derivative of bounded orders of ( ( s + a)) plus a Dirichlet polynomial which may depend on a's. Similarly we may as the same thing for ((s+{3). But we need the condition that none of the denominators in the terms F 0 (s) have a zero constant term. (Here some are all the ( can be replaced by
REMARK 3. In remark 3 we may replace ((s +a) by (K(s +a, R) the zeta function of a ray class in an algebraic number field K of degree n(K). Also in each of the terms F 0 (s) during replacements it is understood that the triplet (K, a, R) may vary. Similarly for the denominators but with the condition that none of the denominators of the terms F 0 ( s) (of the sum) have a zero constant term. But now we need also the condition l:n(K) :::; I:n(K') for each term F 0 (s) (of the sum F(s)) n(K') being the degree of the fields K' in (K'(s+{3. R'). REMARK 4. When k :::; l and all the a 1 , a2 · · ·, ak and {3 1 , {3 2 , · · ·, {3 1 ( involved in each term F 0 ( s)) are purely imaginary we get : The gaps between the ordinates of the successive poles of F(s) (of theorem 2) in (T,2T](T?::: T 0 ) are majorised in absolute value by the quantity CloglogT. This is still true for number fields provided ,En(K) :S I:n(K'). In [RB. KR,AS,KSJ-IV, we proved the following result. If k <lor (k =land 0, then for F 0 ( s) the gaps between the ordinates of the successive poles ( in the sense of ordinates being arranged in the non-decreasing order ) in absolute value are bounded by a positive constant times log log T.
REMARK 5. Our method has lots of applications. We state only a few below.
Our method enables us to prove 
Note that the poles of F(s) are precisely simple zeros of (P(s))- 
dxq-1 n:S x
This helps us to observe that E(x) does not have a continuous derivative of order q, provided that an =/:. 0 for infinitely many n. On the other hand the explicit formula for where the two 0-constants are assumed to be sufficently small.
(A) Let F 1 ( s) and F 2 ( s) ( s = a + it) be two Dirichlet series (which may depend on a parameter T and we consider only the interval T-H :::; t :::; T +H) convergent absolutely in a C 0 (2:: 100) and bounded there. The letter g > 0 will denote a large absolute constant and we assume that F 1 ( s) and F 2 ( s) can be continued analytically in a 2::: -g(log 'ljJ )(log log 'ljJ )- 
